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Evidences are updated and strengthened for the two-scales picture of low-energy nucleon structure as a com-
pact ‘hard’ valence quark core surrounded by a ‘soft’ cloud of quark-antiquark pairs (the meson cloud). These
considerations are quantified by a spectral analysis of the mean-squared radii associated with the isoscalar and
isovector electric form factors of the nucleon. Further supporting arguments come from corresponding studies
of the axial and mass form factors and their inferred radii. Separating low-mass (mesonic) and high-mass (short-
range) contributions in the spectral representations of each of these form factors, we conclude that a central core
with an r.m.s. radius of about 1/2 fm results consistently as the common feature in all cases. Implications are
discussed for baryonic matter at densities beyond that of equilibrium nuclear matter.

I. INTRODUCTION

Spontaneously broken chiral symmetry in the low-energy
limit of QCD governs the long-wavelength structure and dy-
namics of nucleons. Pions play a distinguished role in this
context as (approximate) chiral Nambu–Goldstone bosons.
The coupling of pions to the nucleon adds a ’soft’ surface
degree of freedom to its structure. Models based on chiral
symmetry therefore describe the nucleon as a complex system
characterized by two scales: a compact ’hard’ core and a sur-
rounding quark-antiquark cloud in which pions play a promi-
nent role. Decades ago chiral quark models of the nucleon
(in particular, the chiral and cloudy bag models [1–5]) were
designed with this picture in mind [6]. Such a delineation be-
tween a compact core and a meson cloud [7] also emerged in
descriptions of the nucleon as a chiral soliton (Skyrmion) with
vector mesons [8, 9].

The idea of a compact core in the center of the nucleon
with a size notedly smaller than the proton charge radius was
also promoted on the basis of deep-inelastic scattering data at
HERA, together with photoproduction of J/ψ and its coher-
ent scattering on nucleons and nuclei [10, 11]. Recent evalu-
ations of the nucleon size from high-energy nucleus-nucleus
cross sections point in a similar direction [12].

In the meantime the knowledge of nucleon structure in the
low-energy, long-wavelength limit has advanced to a level
that does enable a more quantitative evaluation of the core-
plus-cloud scenario based on analyses of nucleon form factors
and radii. The present work focuses on three such empirical
sources of information: the isoscalar electric charge form fac-
tor, the axial formfactor and the mass formfactor. The mean-
square radii associated with these form factors are all signif-
icantly different from each other, indicating that there is no
single ’size’ of the nucleon. However, by spectral analyses of
these form factors, we collect evidence for a common half-
a-fermi sized core inside the nucleon which hosts the three
valence quarks and thus the baryon number. At the same time
this core carries most of the nucleon mass generated by the
(gluonic) trace anomaly. The mesonic clouds surrounding this
core carry the quantum numbers of the currents which give
rise to the respective form factors. These mesonic surfaces
are shown to account for the observed differences in the em-

pirical radii.
A two-scales structure of the nucleon is supposed to have

far-reaching implications for strongly interacting matter at
low temperatures and high baryon densities as it is realized
in neutron stars [13, 14]. This is a prime motivation for inves-
tigating empirical constraints on the sizes of central core and
mesonic surface regions in the nucleon.

In the present work we argue that the proposed two-scales
scenario is indeed manifest in empirical nucleon form factors
and corresponding radii. Each form factor Gα(q2) related to
a current operator Jµα with index α (referring e.g. to the elec-
tromagnetic or the axial current) has a representation in terms
of an unsubtracted dispersion relation,

Gα(q
2) =

1

π

∫ ∞

t0

dt
ImGα(t)

t− q2 − iϵ
, (1)

with the squared four-momentum transfer q2 = q20 − q⃗ 2. The
normalization Gα(q2 = 0) is identified with the ‘charge’ of
the current Jµα . Mean square radii are then given as

⟨r2α⟩ =
6

Gα(0)

dGα(q
2)

dq2

∣∣∣
q2=0

=
6

π

∫ ∞

t0

dt

t2
Sα(t) , (2)

where the distribution Sα(t) = ImGα(t)/Gα(0) represents
the spectrum of intermediate hadronic states through which
the external probing field couples to the respective nucleon
current. The low-t regions of these spectral distributions
(t ≲ tc ∼ 1.1 GeV2) are expected to be associated with the
mesonic surface, while the high-t range (t > tc) reflects the
nucleon core. We shall now enter into a detailed discussion of
three form factors of special interest in this context.

II. ISOSCALAR ELECTRIC FORM FACTOR AND
RADIUS

The nucleon matrix elements (N = p, n) of the electro-
magnetic current operator,

⟨N(p′)|Jµem|N(p)⟩ =

ū(p′)

[
F1(q

2)γµ +
i

2M
F2(q

2)σµνqν

]
u(p) , (3)
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define the Dirac and Pauli form factors, F1(q
2) and F2(q

2).
The four-momentum transfer is qµ = (p′−p)µ andM denotes
the nucleon mass. The proton and neutron charge form factors
are given by:

Gp,nE (q2) = F p,n1 (q2) +
q2

4M2
F p,n2 (q2) , (4)

with charges GpE(0) = 1 and GnE(0) = 0. Isoscalar and
isovector form factors are given as the combinations:

GS,VE (q2) =
1

2

[
GpE(q

2)±GnE(q
2)
]
. (5)

The slopes of Gp,nE at zero momentum transfer determine the
corresponding mean-squared radii. The empirical r.m.s. pro-
ton charge radius has been obtained in electron scattering and
muonic hydrogen measurements [15] reviewed in [16] and
consistently updated in [18]: ⟨r2p⟩1/2 = 0.840±0.003±0.002
fm. Its combination with six times the slope of the neutron
electric form factor, ⟨r2n⟩ = −0.105 ± 0.006 fm2 [20], gives
the isoscalar and isovector mean square charge radii of the nu-
cleon, ⟨r2S,V ⟩ = ⟨r2p⟩±⟨r2n⟩, resulting in the following values:

√
⟨r2S⟩ = 0.775± 0.011 fm , (6)

√
⟨r2V ⟩ = 0.901± 0.009 fm . (7)

Advanced lattice QCD simulations [21] have now reached
a level of precision that closely approaches these empirical
radii.

The isoscalar electric form factor is a suitable case for dis-
cussing a delineation between the ‘core’ and ‘cloud’ parts of
the nucleon. We write it again as an unsubtracted dispersion
relation:

GSE(q
2) =

1

π

∫ ∞

t0

dt
ImGSE(t)

t− q2 − iϵ
, (8)

normalized as GSE(0) = 1
2 . The spectrum ImGSE(t) =

ImFS1 (t) + t
4M2 ImFS2 (t) with FSi = 1

2 (F
p
i + Fni ) starts at

the three-pion threshold, t0 = 9m2
π . It is strongly dominated

by the narrow ω meson while the contribution of the isoscalar
3π continuum in the range t ≤ m2

ω is negligibly small [22].
Additional contributions come from the ϕ meson, its KK̄ tail
and the ρπ continuum, to be discussed later.

For a quick first estimate, consider the simplest version of
a vector meson dominance model (VDM). In this model the
probing isoscalar JP = 1− photon converts into an omega
meson which couples to the nucleon core (see Fig. 1). The
flavour SU(3) Gell-Mann - Nishijima formula, Q = I3 +
1
2 (B + S), relates the isoscalar charge Q = 1

2 to the baryon
number B = 1 for S = 0. Therefore the isoscalar charge dis-
tribution of the core is also identified with the distribution of
baryon number carried by the three valence quarks in the nu-
cleon. The surrounding quark-antiquark cloud represented by
the ω meson does not contribute to baryon number and electric
charge but adds to determining the isoscalar radius,

√
⟨r2S⟩.
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FIG. 1. Isoscalar charge form factor of the nucleon viewed in a ’core
plus cloud’ picture. The simplest vector meson dominance model
identifies the isoscalar JP = 1− cloud with the ω meson.

In this picture the isoscalar electric form factor is given by the
following ansatz:

GSE(q
2) =

FB(q
2)

2(1− q2/m2
ω)

. (9)

The form factor FB(q2) of the baryon number distribution
in the nucleon core (with FB(0) = B = 1) acts as the
source of the ω field that propagates with its mass mω . In-
troducing the mean square radius of the baryon core, ⟨r2B⟩ =
6dFB(q2)

dq2

∣∣
q2=0

, the mean square isoscalar charge radius be-
comes

⟨r2S⟩ = ⟨r2B⟩+
6

m2
ω

. (10)

Using mω = 783 MeV and the empirical value (6) for
⟨r2S⟩1/2, the estimated core radius is

⟨r2S⟩1/2core ≡
√
⟨r2B⟩ ≃ 0.47± 0.01 fm . (11)

A nucleon core size of about 1/2 fm is characteristic of chiral
‘core + cloud’ models. We shall now demonstrate that it also
holds up in a more detailed and realistic treatment [17, 18]
of the spectral distributions governing the isoscalar nucleon
charge form factor.

In what follows we make use of the precision fits toGSE(q
2)

performed in [18] for both spacelike and timelike regions of
q2 = q20 − q⃗ 2 . This analysis starts from (8) in such a way that
the fitted spectral functions, ImFS1 (t) and ImFS2 (t), satisfy
the normalisation GSE(0) =

1
2 by construction. The isoscalar

mean-square radius is calculated as:

⟨r2S⟩ =
12

π

∫ ∞

9m2
π

dt

[
ImFS1 (t)

t2
+

ImFS2 (t)

4M2t

]
. (12)

The fits include ω and ϕ meson poles combined with ρπ
and KK̄ continuum contributions as sketched in Fig. 2. The
mesonic contributions to the spectral distributions cover a
range t ≲ tc ≃ 1.05GeV2, to be associated with the meson
cloud. The short-distance core part then refers to the region
t > tc and includes information from the timelike domain
measured in e+e− → NN̄ . In the analysis of ref. [18] this
region is parametrized by a series of high-mass poles summa-
rized in the Appendix.

The resulting spectral functions are of the form:

ImFS1,2(t) = π
∑

i

a
(i)
1,2 δ(m

2
i − t) + ∆S

1,2(t)core , (13)
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tc

FIG. 2. Schematic spectral functions of mesonic cloud contributions
to the isoscalar electric form factor of the nucleon, showing ω and
ϕ mesons together with ρπ and KK̄ continuum parts. The higher-
mass region t > tc stands for the nucleon core. Figure adapted from
[23].

where i = ω, ϕ, ... collects the mesonic contributions, also
incorporating the ρπ,KK̄ continua parametrized effectively
in terms of equivalent poles [19].

∆S
1,2(t)core = π

∑

j=Sj ,...

a
(j)
1,2 δ(m

2
j − t) (14)

refers to the remaining core part in the range t > tc. The
parameters of the residua a

(i)
1,2, a

(j)
1,2 and the pole positions

mi,mj are listed in Table I. In terms of the latter the isoscalar
mean-square core radius is given by:

⟨r2S⟩core = 12
∑

j

a
(j)
1

m4
j

+
3

M2

∑

i

a
(j)
2

m2
j

. (15)

Using the poles Sj and Rsj in Table I, we find the following
result:

⟨r2S⟩core = (0.237 + 0.017) fm2 = 0.254 fm2 . (16)

The leading number in brackets comes from a
(j)
1 while the

smaller piece refers to a(j)2 . Of the resulting r.m.s. core radius,

⟨r2S⟩1/2core ≃ 0.50 fm , (17)

the by far dominant contribution comes from the poles Sj .
The ‘resonance’ poles Rsj (which actually include large
widths in the original fit of Ref. [18]), are of minor impor-
tance and contribute less than 2% to (17).

It is instructive also to take note of the contribution to ⟨r2S⟩
from the ω and ϕ meson poles: ⟨r2S⟩ω + ⟨r2S⟩ϕ ≃ 0.589 fm2.
The remainder of the meson cloud sector comes from the
much smaller ρπ and KK̄ continuum parts. With inclusion
of a (conservative) uncertainty estimate,

⟨r2S⟩1/2core ≃ 0.50± 0.01 fm , (18)

happens to be remarkably close to the simplest VDM estimate
(11). Hence the 1/2-fermi size scale of the baryonic (valence
quark) core in the nucleon, well distinguished from the much
larger charge radius of the proton, appears to be supported also
by an advanced precision fit analysis of the electromagnetic
form factors.

III. ISOVECTOR ELECTRIC FORM FACTOR AND
RADIUS

The isovector form factor, GVE(q
2), involves the difference

of proton and neutron and neutron form factors in (5). In the
limit of perfect isospin symmetry with identical baryonic va-
lence quark cores of proton and neutron, a first guess would
therefore lead to expect that these cores cancel in GVE and the
isovector core radius should vanish: ⟨r2V ⟩core = 0.

This expectation is confirmed by an inspection of the
isovector core radius using the series of fitted poles Vj , Rvj
in Table II [18], with the result:

⟨r2V ⟩core = −0.025 fm2 . (19)

The small deviation of this value from zero reflects isospin
symmetry breaking effects. The poles Vj are dominant in
their magnitudes. At the same time the different signs of their
residua cause the cancellations leading to the almost vanishing
balance in (19). The ’resonance’ poles Rvj play again only a
minor role, contributing 0.003 fm2.

The isovector charge radius of the nucleon thus arises al-
most entirely from the interacting two-pion cloud governed by
the ρ meson and the prominently enhanced low-mass tail that
extends down to the ππ threshold, t0 = 4m2

π . The empirical

⟨r2V ⟩ = ⟨r2V ⟩ππ + ⟨r2V ⟩core = 0.811 fm2 (20)

follows with the ππ continuum and ρ meson cloud contribu-
tion,

⟨r2V ⟩ππ = 0.836 fm2 . (21)

The observed cancellation of the proton and neutron ‘core’
parts is in essence an indirect confirmation of the two-scales
core-plus-cloud structure seen in the analysis of the isoscalar
charge radius.

IV. ISOVECTOR AXIAL FORM FACTOR OF THE
NUCLEON

As another interesting case we consider next the form fac-
tor GA(q2) associated with the axial vector current of the nu-
cleon:

⟨n|Aµ−|p⟩ = GA(q
2) ūn(p

′) γµγ5 up(p) . (22)

It has been deduced [24] from the weak muon capture process
on the proton, µ−p → νµn, from neutrino scattering on the
deuteron and from pion electroproduction, e−p→ e−nπ+.

Given the low-q2 expansion of the axial form factor,

GA(q
2) = GA(0)

[
1 +

1

6
⟨r2A⟩q2 + . . .

]
, (23)

determining the mean-square radius ⟨r2A⟩ requires input for
the axial vector coupling constant, gA = GA(0). From
neutron beta decay, gA = 1.2764(8) [25]. The extraction
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from pion electroproduction makes use of the Goldberger-
Treiman relation, gA = gπNN fπ/Mn. With the pion-nucleon
coupling constant gπNN = 13.1, the pion decay constant
fπ = 92.3 MeV and the neutron mass Mn = 939.6 MeV,
the resulting gA differs from the empirical value by less than
1%.

The matrix elements of the axial current that defineGA(q2)
involve in addition the induced pseudoscalar form factor,
GP (q

2). It contains the pion pole at q2 = m2
π and behaves

in such a way that PCAC and the GT relation are fulfilled (for
details see e.g. [24]).

Determinations of ⟨r2A⟩ reported in [24] refer to two sources
of information: a combined dipole fit to the axial form fac-
tor extracted from νd scattering and pion electroproduction,
which gives ⟨r2A⟩ = 0.454 ± 0.013 fm2, and a more conser-
vative analysis of νd scattering and µp capture data, without
resorting to an assumed dipole form, which consequently in-
volves larger uncertainties: ⟨r2A⟩ = 0.46± 0.16 fm2. In either
of these two cases,

⟨r2A⟩1/2 = 0.67± 0.01 fm (24)
(from νd scattering and e−p→ e−nπ+ dipole fits) ,

⟨r2A⟩1/2 = 0.68± 0.11 fm (25)
(from νd scattering and µp capture analysis) ,

the axial radius is evidently smaller than the proton charge
radius by about 20 %.

Writing the axial formfactor as a unsubtracted dispersion
relation,

GA(q
2) =

1

π

∫ ∞

t0

dt
ImGA(t)

t− q2 − iϵ
, (26)

and recalling the normalisation GA(q2 = 0) = gA, the corre-
sponding mean-squared radius is:

⟨r2A⟩ =
6

gA

dGA(q
2)

dq2

∣∣∣
q2=0

=
6

gAπ

∫ ∞

t0

dt

t2
ImGA(t) , (27)

The isovector JP = 1+ spectrum, ImGA(t), starts at the
three-pion threshold, t0 = 9m2

π , and prominently features the
broad a1 meson resonance as sketched in Fig. 3.

Let us start again with a simple estimate using a schematic
axial vector dominance picture. It assigns the leading part
of the surface contribution to GA(q2) through the spectrum
of the a1 meson (with its large width). An approximate
scale of this ‘cloud’ part can be introduced by an a1 pole,
ImGA(t) = gAπδ(t − m2

a), with a mass ma ≃ 1.2 GeV.
Using the empirical ⟨r2A⟩ one finds for the remaining ‘core’
size:

⟨r2A⟩1/2core =

(
⟨r2A⟩ −

6

m2
a

)1/2

≃ 0.54± 0.01 fm, (28)

if the dipole fit value (24) is taken for reference. Using (25)
instead the uncertainty in ⟨r2A⟩

1/2
core increases to about 25%.

X
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FIG. 3. Axial form factor of the nucleon as measured in muon cap-
ture on the proton and sketched in a ’core plus cloud’ picture. The
meson cloud is dominated by the isovector JP = 1+ three-pion
spectrum in which the a1 meson figures prominently.

A more detailed evaluation requires full account of the
broad isovector JP = 1+ three-pion spectral distribution. We
start from the ansatz:

GA(q
2) =

gAm
2
a

m2
a − q2 +Σa(q2)− ima Γa(q2)

. (29)

The real self-energy correction Σa(q
2), compatible with the

dispersion relation (26), is determined by a twice-subtracted
dispersion relation:

Σa(q
2) =

q2

π
(q2 −m2

a) −
∫ ∞

9m2
π

dt

t

ma Γa(t)

(t−m2
a)(t− q2)

,

(30)

where the subtractions leave gA and ma untouched. Results
from τ → πππντ decays can be used to set constraints
on the energy dependence of the a1 width, Γa(t). In the
present work we employ the widths shown in Fig. 4 taken
from [26, 27]. In the latter work [27] the a1 → ρπ → 3π
amplitude is integrated over the three-pion phase space, the
information needed in order to identify the meson-cloud sec-
tor of GA(q2). With this input the principal value integral
in (30) is performed. This is done over a limited range,
9m2

π ≤ t ≤ tu, with the upper limit chosen symmetrically
as tu = 2m2

a − 9m2
π for simple practical reasons. Taking the

derivative of (29) at q2 = 0, the a1 contribution to the squared
axial radius is given by:

⟨r2A⟩a1 =
6

m2
a

(1 + δa) , (31)

with the correction term

δa = −m
3
a

π
−
∫ tu

9m2
π

dt
Γa(t)

t2(t−m2
a)

(32)

depending on the chosen energy-dependent a1 width.
As an example, setting ma = 1.23 GeV and using the

energy-dependent width from [27] shown by the full line in
Fig. 4, one finds δa = 0.12 and ⟨r2A⟩a1 = 0.173 fm2, so that

⟨r2A⟩1/2core ≃ 0.53± 0.02, fm , (33)

with an estimated uncertainty based on (24) and a correspond-
ingly larger one if (25) is used. The alternative choice [26] of
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FIG. 4. Energy dependence of the a1 width Γa(t) according to [26]
(dashed line) and [27] (solid line). The input a1 mass is ma = 1.23
GeV and the on-shell width is Γa(m

2
a) = 0.425 GeV (PDG mean

values [28]).

the a1 width gives δa = 0.04 and a slightly larger core radius
of 0.54 fm, still consistent within the uncertainties. Variations
of ma by ± 3% and of Γa by about ± 40% as indicated by
the PDG values for the a1(1260) [28] lead to only marginal
changes well within the uncertainties in (33).

The core radius (33) deduced from the axial formfactor is
less accurately determined than the core radius (18) extracted
from the analysis of the isoscalar electric form factor. It is
nonetheless remarkable that, starting from two independent
form factors with quite different empirical r.m.s. radii, the
separation of the mesonic parts of the respective spectral func-
tions from the high-t sections consistently reveals a common
half-fermi scale for the core size inside the nucleon.

V. MASS FORM FACTOR AND RADIUS

A further interesting quantity in this context is the mass
radius of the proton deduced from J/ψ photoproduction
data [11, 29]. The cc̄ pair forming the J/ψ acts as a small
dipole (see Fig.5) that couples to the nucleon through leading
two-gluon exchange in QCD [30–32]. As shown in [29] the
amplitude for this process close to the J/ψ production thresh-
old is proportional to the matrix element of the trace, Tµµ , of
the nucleon’s energy-momentum tensor:

Mγ N→ψN ′ ≃ −32π2eCM

3b
⟨N(p′)|Tµµ |N(p)⟩ , (34)

whereC is the coefficient describing the coupling of the gluon
fields to the small-sized cc̄ pair, M is the nucleon mass and
b = 11 − 2Nf/3 = 9 for Nf = 3 light quark flavors.
This result is valid in the chiral limit of massless quarks, with
Tµµ = − bg2

32π2G
a
µνG

µνa. The complete expression includes
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FIG. 1: Left: the Feynman diagram of J/ photoproduction o↵ a proton. Right: the di↵erential

cross section of J/ photoproduction at the center-of-mass energy Ecm = 4.58 GeV (lab. energy

of the photon E� = 10.72 GeV); the data is from the GlueX Collaboration [9]; the theory curve

corresponds to the dipole form of the scalar gravitational formfactor with the parameter ms =

1.24 ± 0.07 GeV, corresponding to the mass radius of the proton Rm = 0.55 ± 0.03 fm.

of ⇡r2
cc̄, where the size of the cc̄ pair rcc̄ ' 1/2mc ' 0.08 fm. We will fit this parameter to

the GlueX Collaboration data [9], and then check that it is in the expected range.

Let us briefly discuss the kinematics of the � + p ! J/ + p process. Because of the

large mass of J/ , close to the threshold the process is characterized by a sizable minimal

momentum transfer tmin; right at the threshold, its value is tmin = �M2
 M/(M + M) '

�2.23 GeV2 ' �(1.5 GeV)2, where M ' 3.097 GeV is the mass of J/ and M ' 0.938

GeV is the mass of the proton. The large magnitude of tmin close to the threshold makes the

use of the vector meson dominance model questionable. On the other hand, t is still much

smaller than 4m2
c ' 6.25 GeV2 which justifies the approach based on Eqs (31) and (32). In

this kinematical domain, the factor c2 in (31) can indeed be treated as a constant; when the

magnitude of t becomes comparable to 4m2
c ' 6.25 GeV2, this factor can be expected to

acquire a significant t dependence. Because tmin rapidly varies with the c.m.s. energy close

to the threshold, the energy dependence of the integrated cross section (33) is sensitive the

scalar gravitational formfactor. However the quantity that is most sensitive to the scalar

gravitational formfactor is the di↵erential cross section (32).

The dominance of the scalar gluon operator over the operators with covariant derivatives
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of the photon E� = 10.72 GeV); the data is from the GlueX Collaboration [9]; the theory curve

corresponds to the dipole form of the scalar gravitational formfactor with the parameter ms =

1.24 ± 0.07 GeV, corresponding to the mass radius of the proton Rm = 0.55 ± 0.03 fm.
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FIG. 1: Left: the Feynman diagram of J/ photoproduction o↵ a proton. Right: the di↵erential

cross section of J/ photoproduction at the center-of-mass energy Ecm = 4.58 GeV (lab. energy

of the photon E� = 10.72 GeV); the data is from the GlueX Collaboration [9]; the theory curve

corresponds to the dipole form of the scalar gravitational formfactor with the parameter ms =

1.24 ± 0.07 GeV, corresponding to the mass radius of the proton Rm = 0.55 ± 0.03 fm.

of ⇡r2
cc̄, where the size of the cc̄ pair rcc̄ ' 1/2mc ' 0.08 fm. We will fit this parameter to

the GlueX Collaboration data [9], and then check that it is in the expected range.

Let us briefly discuss the kinematics of the � + p ! J/ + p process. Because of the

large mass of J/ , close to the threshold the process is characterized by a sizable minimal

momentum transfer tmin; right at the threshold, its value is tmin = �M2
 M/(M + M) '

�2.23 GeV2 ' �(1.5 GeV)2, where M ' 3.097 GeV is the mass of J/ and M ' 0.938

GeV is the mass of the proton. The large magnitude of tmin close to the threshold makes the

use of the vector meson dominance model questionable. On the other hand, t is still much

smaller than 4m2
c ' 6.25 GeV2 which justifies the approach based on Eqs (31) and (32). In

this kinematical domain, the factor c2 in (31) can indeed be treated as a constant; when the

magnitude of t becomes comparable to 4m2
c ' 6.25 GeV2, this factor can be expected to

acquire a significant t dependence. Because tmin rapidly varies with the c.m.s. energy close

to the threshold, the energy dependence of the integrated cross section (33) is sensitive the

scalar gravitational formfactor. However the quantity that is most sensitive to the scalar

gravitational formfactor is the di↵erential cross section (32).
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FIG. 5. Photoproduction of J/ψ with leading two-gluon exchange
as a probe of the gluonic structure of the nucleon and its mass form
factor.

small additional terms involving the light quark masses1 and
defines the mass (or ‘gravitational’) form factor, Gm(q2), of
the nucleon, with q2 = (p′ − p)2:

Gm(q2) = ⟨N(p′)|Tµµ |N(p)⟩

= ⟨N(p′)|β(g)
2g

GaµνG
µνa +ml(ūu+ d̄d) +mss̄s|N(p)⟩ .

(35)

Here β(g) = − bg3

16π2 is the leading QCD beta function, ml =
1
2 (mu+md) is the average of the light u- and d-quark masses,
and ms is the mass of the strange quark2. The three terms in
(35),

Gm(q2) = G(0)
m (q2) + σN (q2) + σs(q

2) , (36)

are identified with the gluonic form factor,

G(0)
m (q2) = ⟨N(p′)|β(g)

2g
GaµνG

µνa|N(p)⟩ , (37)

and the scalar form factors,

σN (q2) = ⟨N(p′)|ml(ūu+ d̄d)|N(p)⟩ , (38)
σs(q

2) = ⟨N(p′)|mss̄s|N(p′)⟩ . (39)

They represent the pieces illustrated in Fig. 6 from gluon-
dominated short-distance structures, ππ and KK̄ continuum
contributions, respectively.

A once-subtracted dispersion relation representation of the
mass form factor,

Gm(q2) =M +
q2

π

∫ ∞

t0

ImGm(t)

t(t− q2 − iϵ)
, (40)

displays the normalisation to the nucleon mass, Gm(0) =M .
By far the largest part of M is generated by gluon dynam-
ics through the trace anomaly (the gluonic term in Tµµ ). The

1 Heavy (c, b and t) quarks appear only as virtual QQ̄ loops in gluon propa-
gators. Their mass terms in Tµ

µ cancel against corresponding heavy-quark
sectors in the gluon term.

2 These quark masses are actually understood to include the corresponding
anomalous mass dimensions.
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(ū

u
+

d̄
d
)
+

m
s s̄

s|P
i

<latexit sha1_base64="r8x9AFmjWA+mkCzYTmAcKcsDYjM=">AAACGXicbVDLSsNAFJ34tr6iLt0MFkFBSiLFx0IouqgbRcFWoQlhMr2xgzNJnJkIJfQ33Pgrblwo4lJX/o3TmoW2HhjmcM693HtPmHKmtON8WWPjE5NT0zOzpbn5hcUle3mlqZJMUmjQhCfyOiQKOIuhoZnmcJ1KICLkcBXeHvf9q3uQiiXxpe6m4AtyE7OIUaKNFNiOFya8rbrCfHk9EJvOFj7Ep8EZ9hQTcIedykHV2+7lXhjhOjR7gV12Ks4AeJS4BSmjAueB/eG1E5oJiDXlRKmW66Taz4nUjHLolbxMQUroLbmBlqExEaD8fHBZD28YpY2jRJoXazxQf3fkRKj+8qZSEN1Rw15f/M9rZTra93MWp5mGmP4MijKOdYL7MeE2k0A17xpCqGRmV0w7RBKqTZglE4I7fPIoae5U3N1K9aJarh0VccygNbSONpGL9lANnaBz1EAUPaAn9IJerUfr2Xqz3n9Kx6yiZxX9gfX5DRO7nnY=</latexit>

G
m

(0
)

=
M

N
'

0
.9

4
G

e
V

<latexit sha1_base64="suuCFhVm5gE4G/+HQzCcsttlSBc="></latexit>

hr
2m
i

=
6

M
N

d
G

m
(q

2
)

d
q
2

���q
2
=

0

C
ore (gluon) dom

inance plus 
sm

all corrections from
 sigm

a term
s

<latexit sha1_base64="6Q7PcyQEM6icaUTCUGRdXLAksMA="></latexit>

hr
2m
i

=
1

M
N

⇥M
0 hr

c
o
r
e i

2
+

�
N
hr

2� i
+

�
s hr

2s i ⇤

M
ass radius

<latexit sha1_base64="LWsR1/5ssa5DA9iERWd8c4BgriQ="></latexit>

hr
2m
i
1
/
2

=
(0

.5
5

±
0
.0

3
)
fm

…
 equals “core” radius in the chiral lim

it

D
. K

harzeev :  Phys. R
ev. D

104 (2021) 054015

PH
Y
SIK

D
EPA
RT
M
EN
T

<latexit sha1_base64="Aq/ra+SZiMTipD9fXLBzjSE8pdY=">AAACC3icbVDLSsNAFJ34rPUVdelmaBEqSEik+NgV3bipVLAPaEKYTCbt0MmDmYlQQvdu/BU3LhRx6w+482+ctFlo64VhDuecy733eAmjQprmt7a0vLK6tl7aKG9ube/s6nv7HRGnHJM2jlnMex4ShNGItCWVjPQSTlDoMdL1Rte53n0gXNA4upfjhDghGkQ0oBhJRbl6xfZi5otxqL6s1nRNeyCVO4SmcWmfNN3b44mrV03DnBZcBFYBqqColqt/2X6M05BEEjMkRN8yE+lkiEuKGZmU7VSQBOERGpC+ghEKiXCy6S0TeKQYHwYxVy+ScMr+7shQKPJ1lTNEcijmtZz8T+unMrhwMholqSQRng0KUgZlDPNgoE85wZKNFUCYU7UrxEPEEZYqvrIKwZo/eRF0Tg3rzKjf1auNqyKOEjgEFVADFjgHDXADWqANMHgEz+AVvGlP2ov2rn3MrEta0XMA/pT2+QNLO5nr</latexit>

(M
0
&

0
.9

M
N

)

17

M
A

SS R
A

D
IU

S of the N
U

C
LEO

N

0.6
0.8

1.0
1.2

1.4
0.0

0.5

1.0

1.5

2.0

F
IG

.
1
:

L
eft:

th
e

F
ey

n
m

a
n

d
iagram

of
J
/ 

p
h
o
top

ro
d
u
ctio

n
o
↵

a
p
ro

to
n
.

R
ig

h
t:

th
e

d
i↵

eren
tial

cro
ss

section
o
f

J
/
 

p
h
oto

p
ro

d
u
ction

a
t

th
e

cen
ter-o

f-m
a
ss

en
erg

y
E

cm
=

4.5
8

G
eV

(la
b
.

en
ergy

o
f

th
e

p
h
oton

E
�

=
10.72

G
eV

);
th

e
d
a
ta

is
from

th
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e

sca
la

r
grav

ita
tio

n
a
l

fo
rm

fa
cto

r
w

ith
th

e
p
a
ra

m
eter

m
s

=
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.
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⇡
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size
of
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p
air
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0.08
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oration
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d
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en
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eck
th

at
it

is
in

th
e

ex
p
ected

ran
ge.
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et

u
s

b
riefl

y
d
iscu

ss
th

e
k
in

em
atics

of
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+
p
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J
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+
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p
ro

cess.
B
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se
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th

e

large
m

ass
of

J
/ 

,
close

to
th

e
th

resh
old

th
e

p
ro

cess
is

ch
aracterized

b
y

a
sizab

le
m

in
im

al

m
om

en
tu

m
tran

sfer
t
m

in ;
righ

t
at

th
e

th
resh

old
,
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e
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t
m

in
=

�
M

2 M
/(M

 
+

M
)'

�
2.23

G
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�

(1.5
G

eV
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2,
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h
ere
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'
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G

eV
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th
e

m
ass

of
J
/ 

an
d

M
'

0.938

G
eV

is
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e
m
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of

th
e

p
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e

u
se

of
th
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th
e
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,
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u
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aller
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G
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2
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e
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p
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b
ased
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E

q
s
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an

d
(32).
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th
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k
in

em
atical

d
om

ain
,
th

e
factor

c
2

in
(31)

can
in

d
eed

b
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treated
as

a
con

stan
t;

w
h
en

th
e

m
agn

itu
d
e

of
t

b
ecom
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com

p
arab

le
to

4m
2c
'
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G

eV
2,

th
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factor
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b
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ex
p
ected
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t
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ep

en
d
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ecau
se

t
m

in
rap

id
ly

varies
w

ith
th

e
c.m

.s.
en

ergy
close

to
th

e
th

resh
old

,
th

e
en

ergy
d
ep

en
d
en

ce
of

th
e

in
tegrated

cross
section
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sen
sitive

th
e
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grav

itation
al

form
factor.
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ow

ever
th

e
q
u
an

tity
th

at
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m
ost

sen
sitive

to
th
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th
e
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over
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L
eft:

th
e

F
eyn

m
an

d
iagram

of
J
/ 

p
h
otop

rod
u
ction

o↵
a

p
roton

.
R

ight:
th

e
d
i↵

erential

cross
section

of
J
/ 

p
h
otop

rod
u
ction

at
th

e
center-of-m

ass
en

ergy
E

cm
=

4.58
G

eV
(lab

.
en

ergy

of
th

e
p
h
oton

E
�

=
10.72

G
eV

);
th

e
d
ata

is
from

th
e

G
lu

eX
C
ollab

oration
[9];

th
e

th
eory

cu
rve

corresp
on

d
s

to
th

e
d
ip

ole
form

of
th

e
scalar

gravitation
al

form
factor

w
ith

th
e

p
aram

eter
m

s
=

1.24±
0.07

G
eV

,
corresp

on
d
in

g
to

th
e

m
ass

rad
iu

s
of

th
e

p
roton

R
m

=
0.55±

0.03
fm

.

of
⇡
r 2cc̄ ,

w
here

the
size

of
the

cc̄
pair

r
cc̄ '

1/2m
c '

0.08
fm

.
W

e
w
ill

fit
this

param
eter

to

the
G

lueX
C
ollab

oration
data

[9],
and

then
check

that
it

is
in

the
exp

ected
range.

L
et

us
briefly

discuss
the

kinem
atics

of
the

�
+

p
!

J
/ 

+
p

process.
B
ecause

of
the

large
m

ass
of

J
/ 

,
close

to
the

threshold
the

process
is

characterized
by

a
sizable

m
inim

al

m
om

entum
transfer

t
m

in ;
right

at
the

threshold,
its

value
is

t
m

in
=

�
M

2 M
/(M

 
+

M
) '

�
2.23

G
eV

2
'

�
(1.5

G
eV

) 2
,
w
here

M
 '

3.097
G

eV
is

the
m

ass
of

J
/ 

and
M

'
0.938

G
eV

is
the

m
ass

of
the

proton.
T
he

large
m

agnitude
of

t
m

in
close

to
the

threshold
m

akes
the

use
of

the
vector

m
eson

dom
inance

m
odel

questionable.
O

n
the

other
hand,

t
is

still
m

uch

sm
aller

than
4m

2c '
6.25

G
eV

2
w
hich

justifies
the

approach
based

on
E
qs

(31)
and

(32).
In

this
kinem

atical
dom

ain,
the

factor
c
2
in

(31)
can

indeed
b
e

treated
as

a
constant;

w
hen

the

m
agnitude

of
t

b
ecom

es
com

parable
to

4m
2c '

6.25
G

eV
2
,
this

factor
can

b
e

exp
ected

to

acquire
a

significant
t
dep

endence.
B
ecause

t
m

in
rapidly

varies
w
ith

the
c.m

.s.
energy

close

to
the

threshold,
the

energy
dep

endence
of

the
integrated

cross
section

(33)
is

sensitive
the

scalar
gravitational

form
factor.

H
ow

ever
the

quantity
that

is
m

ost
sensitive

to
the

scalar

gravitational
form

factor
is

the
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(32).
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otop
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ction

at
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en
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E

cm
=

4.58
G

eV
(lab

.
en

ergy
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th

e
p
h
oton

E
�

=
10.72

G
eV

);
th

e
d
ata

is
from

th
e

G
lu

eX
C
ollab

oration
[9];

th
e

th
eory
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rve
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s
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al

form
factor
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fm

.
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size
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the

cc̄
pair

r
cc̄ '

1/2m
c '

0.08
fm
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eter
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G

lueX
C
ollab

oration
data
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and

then
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that
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is
in

the
exp

ected
range.
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of
the

�
+

p
!

J
/ 

+
p

process.
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ecause

of
the

large
m

ass
of

J
/ 

,
close

to
the

threshold
the

process
is
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by

a
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m
inim

al

m
om

entum
transfer
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m
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right

at
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threshold,
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t
m
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=

�
M

2 M
/(M

 
+

M
) '

�
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G
eV

2
'

�
(1.5

G
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) 2
,
w
here

M
 '
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G

eV
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m
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J
/ 

and
M

'
0.938

G
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the
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of
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proton.
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m
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t
m
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m

akes
the

use
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the
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odel

questionable.
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n
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t
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m

uch
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4m

2c '
6.25

G
eV

2
w
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justifies
the

approach
based

on
E
qs

(31)
and

(32).
In

this
kinem

atical
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ain,
the

factor
c
2
in

(31)
can

indeed
b
e

treated
as

a
constant;

w
hen

the

m
agnitude
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t

b
ecom
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com

parable
to

4m
2c '

6.25
G

eV
2
,
this

factor
can

b
e

exp
ected

to

acquire
a

significant
t
dep

endence.
B
ecause

t
m

in
rapidly

varies
w
ith

the
c.m

.s.
energy

close

to
the

threshold,
the

energy
dep

endence
of

the
integrated

cross
section

(33)
is

sensitive
the

scalar
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form
factor.
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u
+

d̄
d
)
+

m
s s̄s|P i

<latexit sha1_base64="r8x9AFmjWA+mkCzYTmAcKcsDYjM=">AAACGXicbVDLSsNAFJ34tr6iLt0MFkFBSiLFx0IouqgbRcFWoQlhMr2xgzNJnJkIJfQ33Pgrblwo4lJX/o3TmoW2HhjmcM693HtPmHKmtON8WWPjE5NT0zOzpbn5hcUle3mlqZJMUmjQhCfyOiQKOIuhoZnmcJ1KICLkcBXeHvf9q3uQiiXxpe6m4AtyE7OIUaKNFNiOFya8rbrCfHk9EJvOFj7Ep8EZ9hQTcIedykHV2+7lXhjhOjR7gV12Ks4AeJS4BSmjAueB/eG1E5oJiDXlRKmW66Taz4nUjHLolbxMQUroLbmBlqExEaD8fHBZD28YpY2jRJoXazxQf3fkRKj+8qZSEN1Rw15f/M9rZTra93MWp5mGmP4MijKOdYL7MeE2k0A17xpCqGRmV0w7RBKqTZglE4I7fPIoae5U3N1K9aJarh0VccygNbSONpGL9lANnaBz1EAUPaAn9IJerUfr2Xqz3n9Kx6yiZxX9gfX5DRO7nnY=</latexit>G
m
(0

)
=

M
N

'
0
.9

4
G

eV

<latexit sha1_base64="suuCFhVm5gE4G/+HQzCcsttlSBc="></latexit>hr 2m i
=

6M
N d

G
m
(q

2
)

d
q
2

���
q
2
=

0

C
ore (gluon) dom

inance plus 

sm
all corrections from

 sigm
a term

s

<latexit sha1_base64="6Q7PcyQEM6icaUTCUGRdXLAksMA="></latexit>hr 2m i
=

1M
N ⇥

M
0 hr

c
o
r
e i 2

+
�

N hr 2� i
+

�
s hr 2s i ⇤

M
ass radius

<latexit sha1_base64="LWsR1/5ssa5DA9iERWd8c4BgriQ="></latexit>hr 2m i 1
/
2

=
(0

.5
5±

0
.0

3
)
fm

…
 equals “core” radius in the chiral lim

it
D

. K
harzeev :  Phys. Rev. D

104 (2021) 054015

PH
YSIK

D
EPA
RTM
EN
T

<latexit sha1_base64="Aq/ra+SZiMTipD9fXLBzjSE8pdY=">AAACC3icbVDLSsNAFJ34rPUVdelmaBEqSEik+NgV3bipVLAPaEKYTCbt0MmDmYlQQvdu/BU3LhRx6w+482+ctFlo64VhDuecy733eAmjQprmt7a0vLK6tl7aKG9ube/s6nv7HRGnHJM2jlnMex4ShNGItCWVjPQSTlDoMdL1Rte53n0gXNA4upfjhDghGkQ0oBhJRbl6xfZi5otxqL6s1nRNeyCVO4SmcWmfNN3b44mrV03DnBZcBFYBqqColqt/2X6M05BEEjMkRN8yE+lkiEuKGZmU7VSQBOERGpC+ghEKiXCy6S0TeKQYHwYxVy+ScMr+7shQKPJ1lTNEcijmtZz8T+unMrhwMholqSQRng0KUgZlDPNgoE85wZKNFUCYU7UrxEPEEZYqvrIKwZo/eRF0Tg3rzKjf1auNqyKOEjgEFVADFjgHDXADWqANMHgEz+AVvGlP2ov2rn3MrEta0XMA/pT2+QNLO5nr</latexit>(M
0 &

0
.9

M
N
)

<latexit sha1_base64="qt2KSil/0pBIBJ0wnEHvyFQxwKs=">AAAB7XicbVDLSgNBEOz1GeMr6tHLYBA8hV0J6jHgxWME84AkhNnJbDJmdmaZ6RXCkn/w4kERr/6PN//GSbIHTSxoKKq66e4KEyks+v63t7a+sbm1Xdgp7u7tHxyWjo6bVqeG8QbTUpt2SC2XQvEGCpS8nRhO41DyVji+nfmtJ26s0OoBJwnvxXSoRCQYRSc1u2GUsWm/VPYr/hxklQQ5KUOOer/01R1olsZcIZPU2k7gJ9jLqEHBJJ8Wu6nlCWVjOuQdRxWNue1l82un5NwpAxJp40ohmau/JzIaWzuJQ9cZUxzZZW8m/ud1UoxueplQSYpcscWiKJUENZm9TgbCcIZy4ghlRrhbCRtRQxm6gIouhGD55VXSvKwEV5XqfbVcq+ZxFOAUzuACAriGGtxBHRrA4BGe4RXePO29eO/ex6J1zctnTuAPvM8ftjCPMA==</latexit>c <latexit sha1_base64="Td7SwZiVY5OJnoC50AP8wigqO2Q=">AAAB83icbVBNS8NAEJ3Ur1q/qh69LBbBU0mkqMeCF48V7Ac0pWy2m3bpZhN2J0IJ+RtePCji1T/jzX/jts1BWx8MPN6bYWZekEhh0HW/ndLG5tb2Tnm3srd/cHhUPT7pmDjVjLdZLGPdC6jhUijeRoGS9xLNaRRI3g2md3O/+8S1EbF6xFnCBxEdKxEKRtFKvh+EmR9QnbE8H1Zrbt1dgKwTryA1KNAaVr/8UczSiCtkkhrT99wEBxnVKJjkecVPDU8om9Ix71uqaMTNIFvcnJMLq4xIGGtbCslC/T2R0ciYWRTYzojixKx6c/E/r59ieDvIhEpS5IotF4WpJBiTeQBkJDRnKGeWUKaFvZWwCdWUoY2pYkPwVl9eJ52runddbzw0as1GEUcZzuAcLsGDG2jCPbSgDQwSeIZXeHNS58V5dz6WrSWnmDmFP3A+fwCAWZH1</latexit>c̄
<latexit sha1_base64="jL12LjWJO3vRalXmENafILIeL1I=">AAACAXicbVDLSsNAFJ34rPUVdSO4GSyCq5pIUZcFN+Kqgn1AE8pkMmmHTmbCzEQoIW78FTcuFHHrX7jzb5y0WWjrgWEO59zLvfcECaNKO863tbS8srq2Xtmobm5t7+zae/sdJVKJSRsLJmQvQIowyklbU81IL5EExQEj3WB8XfjdByIVFfxeTxLix2jIaUQx0kYa2IdeEGW3+ZkXCBaqSWy+zGspmg/smlN3poCLxC1JDZRoDewvLxQ4jQnXmCGl+q6TaD9DUlPMSF71UkUShMdoSPqGchQT5WfTC3J4YpQQRkKaxzWcqr87MhSrYjtTGSM9UvNeIf7n9VMdXfkZ5UmqCcezQVHKoBawiAOGVBKs2cQQhCU1u0I8QhJhbUKrmhDc+ZMXSee87l7UG3eNWrNRxlEBR+AYnAIXXIImuAEt0AYYPIJn8ArerCfrxXq3PmalS1bZcwD+wPr8AQoUlz4=</latexit>J
/ 

<latexit sha1_base64="wPinNQMLHq6NOidg3iqUfLqv+OU=">AAAB/HicbVBLSwMxGMzWV62v1R69BIvgqexKUY8FLx4r2Ad0l5LNpm1oHkuSFZal/hUvHhTx6g/x5r8x2+5BWwdChpnvI5OJEka18bxvp7KxubW9U92t7e0fHB65xyc9LVOFSRdLJtUgQpowKkjXUMPIIFEE8YiRfjS7Lfz+I1GaSvFgsoSEHE0EHVOMjJVGbj2IJIt1xu2VBxPEOZqP3IbX9BaA68QvSQOU6IzcryCWOOVEGMyQ1kPfS0yYI2UoZmReC1JNEoRnaEKGlgrEiQ7zRfg5PLdKDMdS2SMMXKi/N3LEdZHPTnJkpnrVK8T/vGFqxjdhTkWSGiLw8qFxyqCRsGgCxlQRbFhmCcKK2qwQT5FC2Ni+arYEf/XL66R32fSvmq37VqPdKuuoglNwBi6AD65BG9yBDugCDDLwDF7Bm/PkvDjvzsdytOKUO3XwB87nD4aWlU4=</latexit>�

<latexit sha1_base64="ax2j1smoURtO7rECuMGM2l1K67I=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mkVI8FL56kgv2ANpTNdtMu3WzC7kQooT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxIpDLrut1PY2Nza3inulvb2Dw6PyscnbROnmvEWi2WsuwE1XArFWyhQ8m6iOY0CyTvB5Hbud564NiJWjzhNuB/RkRKhYBSt1Mn6QUjuZ4Nyxa26C5B14uWkAjmag/JXfxizNOIKmaTG9Dw3QT+jGgWTfFbqp4YnlE3oiPcsVTTixs8W587IhVWGJIy1LYVkof6eyGhkzDQKbGdEcWxWvbn4n9dLMbzxM6GSFLliy0VhKgnGZP47GQrNGcqpJZRpYW8lbEw1ZWgTKtkQvNWX10n7qurVq7WHWqVRy+MowhmcwyV4cA0NuIMmtIDBBJ7hFd6cxHlx3p2PZWvByWdO4Q+czx/t4Y9F</latexit>

N

<latexit sha1_base64="KUSsQ5cH/YiUb0KuMRSKks5d0Ig=">AAAB73icbVBNS8NAEJ34WetX1aOXxSJ6KokU9Vjw4kkq2A9oQ9lsN+3SzSbuToQS+ie8eFDEq3/Hm//GbZuDtj4YeLw3w8y8IJHCoOt+Oyura+sbm4Wt4vbO7t5+6eCwaeJUM95gsYx1O6CGS6F4AwVK3k40p1EgeSsY3Uz91hPXRsTqAccJ9yM6UCIUjKKV2lk3CMnd2aRXKrsVdwayTLyclCFHvVf66vZjlkZcIZPUmI7nJuhnVKNgkk+K3dTwhLIRHfCOpYpG3PjZ7N4JObVKn4SxtqWQzNTfExmNjBlHge2MKA7NojcV//M6KYbXfiZUkiJXbL4oTCXBmEyfJ32hOUM5toQyLeythA2ppgxtREUbgrf48jJpXlS8y0r1vlquVfM4CnAMJ3AOHlxBDW6hDg1gIOEZXuHNeXRenHfnY9664uQzR/AHzucPUDCPdg==</latexit>

N
0

<latexit sha1_base64="3BIX88yoMuHITd8amijwAZC9hAA=">AAACAnicbVDLSsNAFJ34rPUVdSVuBovgqiZS1GXBjbiqYB/QhDKZTNqhk5kwMxFKCG78FTcuFHHrV7jzb5y0WWjrgWEO59zLvfcECaNKO863tbS8srq2Xtmobm5t7+zae/sdJVKJSRsLJmQvQIowyklbU81IL5EExQEj3WB8XfjdByIVFfxeTxLix2jIaUQx0kYa2IeZF0TwNj/zAsFCNYnNl3mJovnArjl1Zwq4SNyS1ECJ1sD+8kKB05hwjRlSqu86ifYzJDXFjORVL1UkQXiMhqRvKEcxUX42PSGHJ0YJYSSkeVzDqfq7I0OxKrYzlTHSIzXvFeJ/Xj/V0ZWfUZ6kmnA8GxSlDGoBizxgSCXBmk0MQVhSsyvEIyQR1ia1qgnBnT95kXTO6+5FvXHXqDUbZRwVcASOwSlwwSVoghvQAm2AwSN4Bq/gzXqyXqx362NWumSVPQfgD6zPH5URl4g=</latexit>J
/
 

<latexit sha1_base64="SaKdMRTGf+iqka63FC4GKqJyLD8=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSyCq5JIUZcFNy4r9AVNDJPJpB06kwkzE6HELvwVNy4UcetvuPNvnLRZaOuFyxzOuZd75oQpo0o7zre1srq2vrFZ2apu7+zu7dsHh10lMolJBwsmZD9EijCakI6mmpF+KgniISO9cHxT6L0HIhUVSVtPUuJzNExoTDHShgrsYy8ULFITbp68HXg8uzc9DeyaU3dmBZeBW4IaKKsV2F9eJHDGSaIxQ0oNXCfVfo6kppiRadXLFEkRHqMhGRiYIE6Un8/8T+GZYSIYC2k60XDG/t7IEVeFRTPJkR6pRa0g/9MGmY6v/ZwmaaZJgueH4oxBLWARBoyoJFiziQEIS2q8QjxCEmFtIquaENzFLy+D7kXdvaw37hq1ZqOMowJOwCk4By64Ak1wC1qgAzB4BM/gFbxZT9aL9W59zEdXrHLnCPwp6/MH2AKWmg==</latexit>

T µ
µ

<latexit sha1_base64="SaKdMRTGf+iqka63FC4GKqJyLD8=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSyCq5JIUZcFNy4r9AVNDJPJpB06kwkzE6HELvwVNy4UcetvuPNvnLRZaOuFyxzOuZd75oQpo0o7zre1srq2vrFZ2apu7+zu7dsHh10lMolJBwsmZD9EijCakI6mmpF+KgniISO9cHxT6L0HIhUVSVtPUuJzNExoTDHShgrsYy8ULFITbp68HXg8uzc9DeyaU3dmBZeBW4IaKKsV2F9eJHDGSaIxQ0oNXCfVfo6kppiRadXLFEkRHqMhGRiYIE6Un8/8T+GZYSIYC2k60XDG/t7IEVeFRTPJkR6pRa0g/9MGmY6v/ZwmaaZJgueH4oxBLWARBoyoJFiziQEIS2q8QjxCEmFtIquaENzFLy+D7kXdvaw37hq1ZqOMowJOwCk4By64Ak1wC1qgAzB4BM/gFbxZT9aL9W59zEdXrHLnCPwp6/MH2AKWmg==</latexit>

T µ
µ

<latexit sha1_base64="SaKdMRTGf+iqka63FC4GKqJyLD8=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSyCq5JIUZcFNy4r9AVNDJPJpB06kwkzE6HELvwVNy4UcetvuPNvnLRZaOuFyxzOuZd75oQpo0o7zre1srq2vrFZ2apu7+zu7dsHh10lMolJBwsmZD9EijCakI6mmpF+KgniISO9cHxT6L0HIhUVSVtPUuJzNExoTDHShgrsYy8ULFITbp68HXg8uzc9DeyaU3dmBZeBW4IaKKsV2F9eJHDGSaIxQ0oNXCfVfo6kppiRadXLFEkRHqMhGRiYIE6Un8/8T+GZYSIYC2k60XDG/t7IEVeFRTPJkR6pRa0g/9MGmY6v/ZwmaaZJgueH4oxBLWARBoyoJFiziQEIS2q8QjxCEmFtIquaENzFLy+D7kXdvaw37hq1ZqOMowJOwCk4By64Ak1wC1qgAzB4BM/gFbxZT9aL9W59zEdXrHLnCPwp6/MH2AKWmg==</latexit>

T µ
µ

<latexit sha1_base64="Jbm60ZVtl9KwRl1mjBrI2LzLIKo=">AAAB9XicbVDLSgMxFL1TX7W+qi7dBIvgqsxIUZcFNy4r2Ae0Y8lkMm1oJhmSjFKG/ocbF4q49V/c+Tdm2llo64GQwzn3kpMTJJxp47rfTmltfWNzq7xd2dnd2z+oHh51tEwVoW0iuVS9AGvKmaBtwwynvURRHAecdoPJTe53H6nSTIp7M02oH+ORYBEj2FjpYRBIHuppbK9sNBtWa27dnQOtEq8gNSjQGla/BqEkaUyFIRxr3ffcxPgZVoYRTmeVQappgskEj2jfUoFjqv1snnqGzqwSokgqe4RBc/X3RoZjnUezkzE2Y73s5eJ/Xj810bWfMZGkhgqyeChKOTIS5RWgkClKDJ9agoliNisiY6wwMbaoii3BW/7yKulc1L3LeuOuUWs2ijrKcAKncA4eXEETbqEFbSCg4Ble4c15cl6cd+djMVpyip1j+APn8wc4L5Lz</latexit>g

<latexit sha1_base64="Jbm60ZVtl9KwRl1mjBrI2LzLIKo=">AAAB9XicbVDLSgMxFL1TX7W+qi7dBIvgqsxIUZcFNy4r2Ae0Y8lkMm1oJhmSjFKG/ocbF4q49V/c+Tdm2llo64GQwzn3kpMTJJxp47rfTmltfWNzq7xd2dnd2z+oHh51tEwVoW0iuVS9AGvKmaBtwwynvURRHAecdoPJTe53H6nSTIp7M02oH+ORYBEj2FjpYRBIHuppbK9sNBtWa27dnQOtEq8gNSjQGla/BqEkaUyFIRxr3ffcxPgZVoYRTmeVQappgskEj2jfUoFjqv1snnqGzqwSokgqe4RBc/X3RoZjnUezkzE2Y73s5eJ/Xj810bWfMZGkhgqyeChKOTIS5RWgkClKDJ9agoliNisiY6wwMbaoii3BW/7yKulc1L3LeuOuUWs2ijrKcAKncA4eXEETbqEFbSCg4Ble4c15cl6cd+djMVpyip1j+APn8wc4L5Lz</latexit>g

<latexit sha1_base64="IACulQ8HU2KY7e8DuA0FOpGepbs=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgqiRS1GXBje4q2Ac0oUwmk3boZBJmJoUS+iduXCji1j9x5984abPQ1gPDHM65lzlzgpQzpR3n26psbG5t71R3a3v7B4dH9vFJVyWZJLRDEp7IfoAV5UzQjmaa034qKY4DTnvB5K7we1MqFUvEk56l1I/xSLCIEayNNLRtL0h4qGaxuXIvZfOhXXcazgJonbglqUOJ9tD+8sKEZDEVmnCs1MB1Uu3nWGpGOJ3XvEzRFJMJHtGBoQLHVPn5IvkcXRglRFEizREaLdTfGzmOVRHOTMZYj9WqV4j/eYNMR7d+zkSaaSrI8qEo40gnqKgBhUxSovnMEEwkM1kRGWOJiTZl1UwJ7uqX10n3quFeN5qPzXrroayjCmdwDpfgwg204B7a0AECU3iGV3izcuvFerc+lqMVq9w5hT+wPn8ARLqUGw==</latexit>⇡
<latexit sha1_base64="IACulQ8HU2KY7e8DuA0FOpGepbs=">AAAB+XicbVDLSsNAFL2pr1pfUZduBovgqiRS1GXBje4q2Ac0oUwmk3boZBJmJoUS+iduXCji1j9x5984abPQ1gPDHM65lzlzgpQzpR3n26psbG5t71R3a3v7B4dH9vFJVyWZJLRDEp7IfoAV5UzQjmaa034qKY4DTnvB5K7we1MqFUvEk56l1I/xSLCIEayNNLRtL0h4qGaxuXIvZfOhXXcazgJonbglqUOJ9tD+8sKEZDEVmnCs1MB1Uu3nWGpGOJ3XvEzRFJMJHtGBoQLHVPn5IvkcXRglRFEizREaLdTfGzmOVRHOTMZYj9WqV4j/eYNMR7d+zkSaaSrI8qEo40gnqKgBhUxSovnMEEwkM1kRGWOJiTZl1UwJ7uqX10n3quFeN5qPzXrroayjCmdwDpfgwg204B7a0AECU3iGV3izcuvFerc+lqMVq9w5hT+wPn8ARLqUGw==</latexit>⇡

<latexit sha1_base64="esOgoV3tWKVNuu0k8z+sr8xykoU=">AAAB9XicbVDLSgMxFL1TX7W+qi7dBIvgqsxIUZcFN4qbCvYB7VgymbQNzSRDklHK0P9w40IRt/6LO//GTDsLbT0QcjjnXnJygpgzbVz32ymsrK6tbxQ3S1vbO7t75f2DlpaJIrRJJJeqE2BNORO0aZjhtBMriqOA03Ywvsr89iNVmklxbyYx9SM8FGzACDZWeugFkod6EtkrvZ32yxW36s6AlomXkwrkaPTLX71QkiSiwhCOte56bmz8FCvDCKfTUi/RNMZkjIe0a6nAEdV+Oks9RSdWCdFAKnuEQTP190aKI51Fs5MRNiO96GXif143MYNLP2UiTgwVZP7QIOHISJRVgEKmKDF8YgkmitmsiIywwsTYokq2BG/xy8ukdVb1zqu1u1qlfpPXUYQjOIZT8OAC6nANDWgCAQXP8ApvzpPz4rw7H/PRgpPvHMIfOJ8/E/SS7A==</latexit>

K

<latexit sha1_base64="r+JeO4DLcJteBgfxgL1Hp+P2PEo=">AAAB/XicbVDNS8MwHE39nPOrfty8BIfgabQy1OPAi+JlgvuAtYw0TbewNClJKsxS/Fe8eFDEq/+HN/8b060H3XwQ8njv9yMvL0gYVdpxvq2l5ZXVtfXKRnVza3tn197b7yiRSkzaWDAhewFShFFO2ppqRnqJJCgOGOkG46vC7z4Qqajg93qSED9GQ04jipE20sA+9ALBQjWJzZV5AZLZbZ4P7JpTd6aAi8QtSQ2UaA3sLy8UOI0J15ghpfquk2g/Q1JTzEhe9VJFEoTHaEj6hnIUE+Vn0/Q5PDFKCCMhzeEaTtXfGxmKVRHQTMZIj9S8V4j/ef1UR5d+RnmSasLx7KEoZVALWFQBQyoJ1mxiCMKSmqwQj5BEWJvCqqYEd/7Li6RzVnfP6427Rq15U9ZRAUfgGJwCF1yAJrgGLdAGGDyCZ/AK3qwn68V6tz5mo0tWuXMA/sD6/AFrT5Xi</latexit>

K̄

FIG. 6. Contributions to the spectrum, ImGm(t), of the nucleon’s
mass form factor: leading two-gluon exchange component (upper
diagram), ππ and KK̄ contributions (lower diagrams).

quark mass contributions are given by the pion-nucleon and
strangeness sigma terms,

σN ≡ σN (q2 = 0) and σs ≡ σs(q
2 = 0) . (41)

In the overall sum,

M =M0 + σN + σs , (42)

where M0 refers to the ‘core’ mass generated by the gluonic
trace anomaly, the sigma terms account together for less than
10% of the total nucleon mass M .

The JP = 0+ two-gluon system couples strongly to the
scalar-isoscalar two-pion continuum. The lower limit in the
spectral integral (40) is therefore at t0 = 4m2

π . Unlike
the prominent low-mass ππ spectrum with JP = 1− in the
isovector electric form factor, the ππ continuum contribution
to Gm(q2) is however suppressed in this case because of the
small ratio σN/M .

The squared radius of the mass distribution,

⟨r2m⟩ = 6

M

dGm(q2)

dq2

∣∣∣
q2=0

=
6

Mπ

∫ ∞

t0

dt

t2
ImGm(t) ,

(43)

has been extracted from the differential J/ψ photoproduction
cross section measured by GlueX [33–35]. The result quoted
in [29],

⟨r2m⟩1/2 = 0.55± 0.03 fm , (44)

is based on a dipole fit to dσ(γp → ψp)/dq2 in the form
Gm(q2) =M(1− q2/Λ2)−2. The resulting Λ = 1.24± 0.07

GeV translates into the radius ⟨r2m⟩1/2 =
√
12/Λ.

The elements of the spectral distribution illustrated in Fig.
5, namely short-distance two-gluon exchange plus longer
range ππ and KK̄ components, imply the following decom-
position of the mean-squared mass radius:

⟨r2m⟩ = M0

M
⟨r20⟩+

σN
M

⟨r2ππ⟩+
σs
M

⟨r2KK̄⟩ . (45)

The dominant gluonic trace anomaly contribution with mass

M0 ≃ 860 MeV is identified with the squared ‘core’ radius,
⟨r20⟩ ≡ ⟨r2m⟩core, while the small corrections from ππ andKK̄
‘cloud’ pieces involve the sigma terms (41). With the aim of
estimating the core size, ⟨r2m⟩core, based on the empirical value
(44) of the mass radius, we proceed now with a discussion of
the sigma terms and the associated radii in (45).

For the sigma term σN there is as yet not a fully consistent
picture. Recent Lattice QCD computations [36] give σN =
43.7 ± 1.2 ± 3.4 MeV. A similar result was found in [37].
Such values are close to the result obtained decades ago in the
time-honored work of [38]: σN = 45± 8 MeV, together with
a large radius of the isoscalar s-wave ππ distribution in the
nucleon surface, ⟨r2ππ⟩1/2 ≃ 1.3 fm. For a derivation of the
scalar-isoscalar form factor of the nucleon see also [39]. More
recent evaluations [40] based on a detailed analysis of updated
pion-nucleon scattering data have raised this sigma term to
σN = 55.9±3.5 MeV, at variance with both the LQCD result
and the previous determination. The origin of this larger value
of σN is interpreted in [40] as being related to virtual excited
resonance states in πN scattering. In the following evaluation
we can take the difference between this and the LQCD value
as a rough measure of possible uncertainties.

The strangeness sigma term σs is taken from LQCD [36]:
σs = 28.6±6.2±3.5 MeV. An estimate of the corresponding
radius of the KK̄ cloud can be plausibly obtained by assum-
ing that the size scales of the mesonic ππ andKK̄ surfaces are
related to the inverse masses of the corresponding thresholds
in the spectral function: ⟨r2

KK̄
⟩ = (mπ/mK)2⟨r2ππ⟩. In any

case the strange quark contribution to the mass radius turns
out to play only a very minor role.

With this input an estimate of the ‘core’ radius can be per-
formed. Using in (45) the values σN ≃ 50 MeV, ⟨r2ππ⟩ ≃ 1.6
fm2 and the quantities in the strangeness sector as indicated,
the radius of the compact gluonic core of the nucleon that con-
tains most of its mass becomes:

⟨r2m⟩1/2core ≡ ⟨r20⟩1/2 = 0.48± 0.05 fm , (46)

once again close to the common ‘1/2-fermi rule’ for the nu-
cleon core regions observed in the isoscalar electric and axial
form factors analysed in this study. The LQCD values for σN
and σs including their errors, as well as possible variations of
σN between 40 and 60 MeV, are covered by the uncertainty
range given in (46).

VI. SUMMARY AND CONCLUSIONS

Analyses of spectral functions in dispersion relations have
been performed to extract radii from the electric, axial and
mass form factors of the nucleon. The aim is to delineate the
size scales associated with the quark-gluon core from those
of a quark-antiquark surface. Evidence is found supporting
a picture of the nucleon as containing a compact half-fermi
sized ‘hard’ core in which the three valence quarks with their
baryon number are confined. This core also hosts the domi-
nant part of the nucleon mass, the one driven by gluons and the
trace anomaly. It is surrounded by a ‘soft’ surface of quark–
antiquark pairs forming the mesonic clouds. The spectral dis-



7

tributions of these mesonic clouds are characterized by the
quantum numbers of the underlying nucleon currents. They
account for the variety of r.m.s. radii associated with the dif-
ferent respective form factors.

It should be pointed out that while the localized distribu-
tions of charge, axial current and mass in the nucleon are
frame-dependent, the mean-squared radii discussed in the
present work are well-defined frame-independent quantities
as they are given by the slopes of invariant form factors at
q2 = 0. They can therefore serve as characteristic size scales
independent of a given frame of reference.

The results are summarized as follows:
(i) For the isoscalar electric form factor of the nucleon the

separation of core (high-t) and mesonic (low-t) sectors in the
spectral function yields an r.m.s. core radius

⟨r2S⟩1/2core = 0.50± 0.01 fm .

The qq̄ cloud parts, dominated by the ω and ϕ mesons and
supplemented by ρπ and KK̄ continuum contributions, es-
tablish a squared meson-cloud radius ⟨r2S⟩cloud ≃ 0.35 fm2

such that the empirical isoscalar charge redius, ⟨r2S⟩1/2 =√
⟨r2S⟩core + ⟨r2S⟩cloud ≃ 0.78 fm, is reproduced. These re-

sults are based on a precise parametrisation of form factors
measured in both space- and timelike domains. The core ra-
dius deduced from the isoscalar electric form factor (which
coincides with the radius of the baryon number distribution)
is actually the most accurately determined one of all core radii
analysed in the present study. An additional successful test is
provided by the isovector electric form factor in which the in-
dividual proton and neutron core parts are expected to cancel
in the limit of exact isospin symmetry.

(ii) The radius empirically extracted from the form factor
associated with the isovector axial current of the nucleon is
significantly smaller than the proton charge radius. However,
after separating the broad three-pion spectrum dominated by
the a1 meson from the dispersion relation representation of
this form factor, the remaining ‘core’ part reveals once again
a radius compatible with an approximate half-fermi scale:

⟨r2A⟩1/2core ≃ 0.53 fm ,

with an uncertainty of about ±4% if the empirical dipole fit of
⟨r2A⟩ is taken for reference (and a correspondingly larger error
if the dipole constraint is released).

(iii) A third independent source of information is the
squared mass radius, ⟨r2m⟩, derived from the nucleon ma-
trix element of the trace of the QCD energy-momentum ten-
sor. This information is accessible in the forward differen-
tial cross section for near-threshold photoproduction of the
J/ψ. It is dominated by the leading short-range two-gluon
exchange mechanism between the color-dipole cc̄ pair and the
nucleon, and it receives additional contributions from long-
range scalar-isoscalar ππ and KK̄ components. The latter
corrections are weighted by the pion-nucleon and strangeness
sigma terms, σN and σs, which measure the small u, d and
strange quark fractions of the nucleon mass M . By far the
largest contribution comes from the gluonic trace anomaly
which generates more than 90% of M . Subtracting estimates

of the ππ and KK̄ cloud contributions from the empirical
⟨r2m⟩ one arrives at a radius of the central core in the nucleon
which hosts almost all of its mass:

⟨r2m⟩1/2core ≃ 0.48± 0.05 fm .

The uncertainty includes the error from a dipole fit to the γ +
p→ J/ψ+ p differential cross section together with possible
variations of the sigma terms.

In summary, the striking feature of all three investigated
form factors is the approximate equality of the extracted nu-
cleon core radii:

⟨r2S⟩1/2core ≃ ⟨r2A⟩1/2core ≃ ⟨r2m⟩1/2core ≡ Rcore ≃
1

2
fm .

By its shared properties with the different underlying currents
and operators, this core encloses at the same time the baryon
number B = 1 (i.e. the three valence quarks) and almost
all of the nucleon mass (i.e. its gluonic trace anomaly part).
The quark-antiquark clouds which form the nucleon surface
differ in the content of their mesonic quantum numbers and
thus account for the differences e.g. in observed charge, axial
and mass radii. In the case of the mass radius, the large size
of the scalar-isoscalar two-pion cloud is down-scaled by be-
ing weighted with the small nucleon sigma term which gives
only a few-percent correction to the total nucleon mass, and
this therefore explains why the empirical ⟨r2m⟩ is close to its
gluonic ‘core’ part.

With a common core size Rcore ∼ 1/2 fm and a cloud
range typically around Rcloud ∼ 1 fm, there is a signifi-
cant separation of volume scales for a nucleon in vacuum:
(Rcloud/Rcore)

3 ∼ 8. This two-scales scenario has implica-
tions for the behavior of nucleons in dense baryonic matter.
The hard-core and soft-surface sectors of the nucleons behave
differently with increasing baryon density. At ρ ≃ ρ0 =
0.16 fm−3, the density of equilibrium nuclear matter, the tails
of the meson clouds of nucleon pairs overlap, resulting in two-
body exchange forces. As the average distance between nu-
cleons decreases with increasing density the soft clouds of qq̄
pairs expand and mediate many-body forces involving larger
numbers of nucleons. Their strength increases with charac-
teristic powers of density. The compact cores, on the other
hand, are expected to stay intact and isolated until they be-
gin to touch and overlap at average nucleon-nucleon distances
d ≲ 1 fm, corresponding to baryon densities ρ ≳ 6 ρ0. Note
also that random close packing [43] of hard spheres with a ra-
dius R = 0.5 fm takes place at a density ρ ≃ 8 ρ0. The over-
lapping of nucleon cores and the deconfinement of valence
quarks proceeds at a high cost of energy: further compression
of baryonic matter still has to overcome the strongly repulsive
short-distance hard core in the nucleon-nucleon interaction.

As an outlook, recent analyses of neutron star data [41, 42]
including the heaviest so far observed pulsar (the 2.3 solar-
mass black widow pulsar PSR J0952-0607), require a suffi-
ciently stiff neutron star matter equation-of-state. As a con-
sequence, baryon densities reached in the cores of even very
heavy neutron stars do not exceed about five times the den-
sity of normal nuclear matter. With the suggested scale sep-
aration between a compact 1/2 fm valence quark core and a
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TABLE I. Parameters for the meson and core sectors of the spec-
tral distribution (18) representing the isoscalar nucleon form factor
GS

E(q
2). (Adapted from [18]).

i a
(i)
1 [GeV2] a

(i)
2 [GeV2] mi [GeV]

ω 0.701 0.338 0.783

ϕ −0.526 −0.997 1.019

j a
(j)
1 [GeV2] a

(j)
2 [GeV2] mj [GeV]

S1 0.422 3.655 1.120

S2 0.122 −0.228 1.019

S3 0.955 −1.122 1.827

Rs1 4.953 0.501 1.879

Rs2 −2.653 −1.753 1.903

Rs3 −3.069 2.017 1.914

surface mesonic cloud, the valence quarks from overlapping
cores would be released, if at all, only in the deep interior of
extremely heavy neutron stars.

A. Appendix

Here we summarize the positions and residua of the poles
used in the precision fits of Ref. [18] to the isoscalar and
isovector combinations of electric proton and neutron form
factors, both in the spacelike and timelike regions of squared
four-momentum transfer q2. Tables I and II collect the high-
t poles that represent the short-distance ‘core’ sectors in the
nucleon. These parameters determine the core radii given in
Eqs. (18,19). Table I also includes the parameters of the ω and
ϕ meson poles used in the evaluation of the isoscalar meson
cloud.

The parameters denoted Si and Vi refer to zero-width poles.
In the original fits of Ref. [18] the high-mass resonance poles
Rsi and Rvi also have large widths but their effects on the
radii analysed in the present work are marginal so that these
widths can be ignored in practice.
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